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Abstract. In this paper, we work two different problems. First, we investigate a new
class of fractional differential equations involving Caputo sequential derivative with some
(e1, e2,0)—periodic conditions. The existence and uniqueness of solutions are proven. The
stability of solutions is also discussed. The second part includes studying traveling wave solu-
tions of a conformable fractional Korteweg-de Vries-Burger (KdV Burger) equation through
the Tanh method. Graphs of some of the waves are plotted and discussed, and a conclusion

follows.

1. INTRODUCTION

Fractional Differential Equations (FDEs) generalize the classical integer-
order differential equations to non-integer orders, allowing for the modeling of
systems with memory and long-range dependence. FDEs have applications in
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many fields, including physics, engineering, biology, and finance. Analytical
and numerical methods for solving FDEs are an active area of research due
to their complexity and nonlocality, see for instance the papers [4, 5]. In this
sense, scientists are especially interested in the problems with boundary values
of FDEs, see reference [19].

In particular, we mention the periodic affine boundary problem that de-
scribes physical phenomena [31]. Also, the investigation into the existence and
uniqueness of solutions to FDEs is still receiving great attention from mathe-
maticians, through the approach of Caputo and Riemann-Louiville. Readers
may be referred to references [9, 13, 14]. In this aspect, the stability prob-
lems of Ulam Hyers have been given much attention by researchers, and many
stability problems of various FDEs have been investigated, see [11, 30].

In [12], Gouari et al. have studied the following three-sequential fractional
problem of Duffing type:

DDA DPy(0)) + £t (0, DPY(E) + (8. (6), 199(0) + bt u(®) = (),
y(0) = £ € R, y(1) :/0 y(s)ds, 0 < <1,

Iey(0) = Doy(1), 0 < u < 1,
0<a76757p§17 q>07 t€J7

where J = [0,1], D* DP, D% DP are derivatives of Caputo, I¢ denotes the
Riemann-Liouville fractional integral of order ¢, and f,g : J x R? — R are
two given functions, h : J x R — R is another given function and [ is defined
on J. The authors have proved the existence and uniqueness of solutions by
application of Banach contraction principle. Then, by means of Schaefer fixed
point theorem, they have studied the existence of at least one solution for the
problem.

Also in [29], the authors have been concerned with the following Duffing-
type problem:

DYDPDx(t)+kf (t, D2(1))+g (¢, 2(t), DPz(t)) +h (¢, 2(t), J9(=(t)) = L(2),
Z(O) = A; € R, DaZ(O) = Ay € R, JO‘Z(l) = A3z € R,
0<p<a<l0<By<ll<a+f<21<f+y<2tel,

where I := [0, 1], the derivatives of the problem are in the sense of Caputo,
J? is the Riemann-Liouville integral with ¢ > 0, f: I x R? - R,g: I x R3 —
R,h:IxR> = Rand L : I — R are four given functions. Then, in [10],
Gao et al. have investigated the following sequential FDE with affine periodic
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boundary conditions:

(°DP + X°DY)z(t) = g(t, 2(t)), t€[0,T],
2(T) = az(0),
2(T) = az (0),
where € DP expresses the Caputo fractional derivative, p € o, 8 with 0 < a <
1< B <2 f=a+1,A\aecRwith g(t,2) : [0,7] x C([0,T];R) - Ris a
continuous function.
Also in [24], the author has been concerned with the study of the uniqueness,

Ulam-Hyers stability and Ulam-Hyers-Rassias stability of solutions for the
following sequential fractional pantograph equation:

[D* + kDP| u(t) = ¢ (t, u(t), u(nt), D’u(nt)) , t € [0,T],
u(0) = f(u), u(T)=0,0€R,
where k e RT, 0<n<1,1<a<2, 0< <1, D% DP are the Caputo type

fractional derivatives, ¢ : [0,T] x RxR xR — R and f: C([0,T],R) — R are
given continuous functions.

Very recently, Abdelnebi and Dahmani [2] have studied the existence, unique
ness, and stability of solutions for the following Van der Pol-Duffing (VdPD)
jerk equation:
Do (D24 AD%) w(t) 4k fi (L a(t), Do (t)) + ko fo (4, (1), Pa(t)) = h(t),
(1) =0, D' (=BApa-bypl)=A*cR, z(T)=0,
0<pf<a<l 0<a+f<l, 0<p, tel,

where D D?=# are the Caputo-Hadamard fractional derivatives, JP is the

Hadamard fractional integral I = [1,T], k1, ko are real constants and the func-
tions f1, fo and h are continuous.

In [6], the authors have investigated the following problem:

eparepeze Des [ DYy () -\ (t)u(t)]=g(t, u(t),* D*2u(t),* D*u(t), D*u(t)),
u(0)) =0, u(l) =ay,

¢ D*u(0) = ae,

¢D*u(1) =0,

teJ=][0,1],

where ¢D®, are Caputo fractional derivatives, 0 < «a; < 1, i = 1,..,4,
as < ag, a3 < ag, A >0, f:[0,1]] xR — Rand g : [0,1] x R* = R are
continuous.

In the present paper, we shall be concerned with two different problems:
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In the first part, we study the following problem:

([ D*DP Ds(t)+AD* DPs(t)=mi(t, s(t),D%(t) +n(t, s(t), IPs(t)+r(t, s(t)+1(t),
t €10,1],

s(1) = e15(0),

D7s(1) = eaD7s(0),

D7s(0) + As(0) =6,

0<a,B<1, 0<d<y<1, e,ea,peRAER,

(1.1)
where J := [0, 1], the functions m,n,r and [ will be specified later, the opera-
tors D% DB DY and D? are the derivatives in the sense of Caputo.

In the second part of our paper, we will use the Tanh method to find new
traveling wave solutions for an evolution equation of KdV Burgers type with
time and space conformable fractional derivative. The problem is the follow-
ing:

T + v(uT?u) + nTPu 4+ pTu = 0, (1.2)

where Tg , T¢ are the conformable fractional derivative with 0 < o, 3 <1 .

To motivate the second part, we note that traveling waves are observed in
many areas of sciences and applications. Many powerful numerical methods
have been implemented to obtain solutions of partial FDF's, such as the exp-
function method [3, 16, 25|, the (G’/G) method [34], and the Tanh method.
This method is one of the most effective algebraic methods for finding exact
solutions to nonlinear differential equations. It was presented by Malfliet [20]
and then modified and extended by Wazwaz [32] for the computation of exact
traveling wave solutions.

For the above-motivating method and to cite some of the papers that have
motivated the present part, we begin by the reference [26], where, Rakah et
al. have been concerned with finding traveling wave solutions for the following
evolution problem [18]:

T2ou + T2 (G(uw) T u) + T (H (u) T w) = F(u),

where Tf , T are the conformable fractional derivatives with 0 < «,8 <1
and f,G, H are some given functions.

Also in [21], the authors have investigated the 3D-fractional Wazwaz-Benjam
in-Bona-Mahony equation equations that involve some sequential conformable
fractional derivatives. Several solutions containing hyperbolic and trigono-
metric function solutions have also been obtained by applying the modified
extended Tanh method.
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Very recently in [8], Dahmani et al. have presented an (n + 1)-dimensional
extended Tanh function method to investigate nonlinear conformable frac-
tional differential equations using Khalil conformable approach; in fact, they
have presented new traveling wave solutions for the (1 4+ 3)-dimensional con-
formable time and space fractional Burgers equation.

Then, in [28] the authors have obtained new exact solutions to the follow-
ing nonlinear fractional Klein-Gordon equation via extended tanh-function
method with conformable fractional derivative:

D2 u(,t) + D2ula, ) + pu(z, t) — qu(x,t) = 0.

In [33], the author has been concerned with the (%) expansion method to
find the exact solutions of nonlinear fractional partial differential equations
with the modified Riemann-Liouville derivative by Jumarie [17]:

0%u n dPu N 9%y n 0By
wu 1% =
ot OxP K Ox2P O3B
In this sense, the two authors of the paper [15] have presented an implementa-

tion of Petrov-Galerkin technique for solutions of the following time-fractional
KdV Burger equation:

0, t>0,0<a,5<1.

Dfu + euty — vugy + Py, = 0,

where €, v and p are constants and « represents the order of fractional deriva-
tive. In this numerical technique, the fractional derivative has been discretized
by the Grnwald-Letnikov derivative.

One way to connect the two parts of the present paper is by using the exis-
tence and uniqueness result for FDEs involving Caputo derivatives to analyze
the numerical solutions obtained using the Tanh method with the conformable
fractional derivative approach on the KdV Burger equation. Specifically, the
existence and uniqueness result can provide theoretical guarantees for the ac-
curacy and convergence of the numerical solutions obtained using the Tanh
method with conformable derivatives, while the numerical results obtained
from the Tanh method can be used to validate and test the theoretical results
obtained from the existence and uniqueness analysis. Furthermore, the KdV
Burger is a well-known model for wave propagation in nonlinear media, and
studying its solutions with FDEs and numerical methods can provide insights
into the behavior of these waves in realistic physical systems. Therefore, the
two studies can complement each other by providing both theoretical and nu-
merical insights into the behavior of solutions of FDEs on the KdV Burger
equation.

This paper is organized as follows: In the next Section, we review some def-
initions and properties of the Caputo derivatives. In Section 3, we prove the
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main result on the existence and uniqueness of solutions for the proposed class
of FDEs as well as the result of its Ulam Hyers stability. In the fourth section,
we introduce the time and space KdV Burger equation with conformable frac-
tional derivative and we apply the Tanh method to obtain new traveling wave
solutions to “our equation”. Finally, in Section 5, we summarize the outcomes
of this paper in the conclusion section.

2. CAPUTO DERIVATIVES

In this part, we will introduce some definitions of the integral and partial
derivation by Caputo’s approach, with some properties related to it. Using
these tools, we will address the integral solution of the problem, and this will
allow us to discuss the results of the existence of solutions, their uniqueness
and stability.

We need to introduce the Caputo derivatives. For more details, we refer to
the reference [23].

Definition 2.1. Let > 0 and f : J —— R be a continuous function. The
Riemann-Liouville integral is defined by:

1 t
A = oy |60 .
I'(a) Jo
Definition 2.2. Let us take f € C"(J,R) and n — 1 < a < n, so the Caputo
derivative is defined by:

n
n—o d

D) = ()

1 t
- - t— n—a—1 ¢(n) ds.
Form [ = s
To study (1.1), we need the following two results [23]:
Lemma 2.3. Letn € N*, and n—1 < a <n. Then the general solution of
Dey(t) =05t € J is:

n—1

y(t) = Zcz‘ti,
=0
where ¢; ER, 1 =0,1,2,..,n— 1.

Lemma 2.4. If n € N*, and n—1< a <n, then we have

n—1
I°D%y(t) = y(t) + Z ct', teJ
=0
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and c; € R, 1=0,1,2,..,n— 1.
Now, prove the following lemma.
Lemma 2.5. Let G € C(J). Then the problem
D*DPDVs(t) + AD*DPs(t) = F(t), t € J,
s(1) = e15(0),
D7s(1) = eaD7s(0), (2.1)
D7s(0) + As(0) = 6,
0<a,8<1, 0<vy<1, eg,e0,0,peRAER

admits the following expression as the integral solution
s(t) = I9TPHYE(t) — As(t)

— [ IPF(1) +6(1 — e3) + A(ez — €)Y (Ia+5+7F(1)

i o TB+D (.
A+ f e T T £ T (I +BF(1)+9(1—€2)>>]
B+ 1)t5+»y Y
“TEra+n Th

0 T(8+1)

Yo D TB s D (Ia+ﬁp(1)+9(1—62))>, (2.2)

) +7T (IO‘+5+7F(1) — M7s(1)

where

r_ rB+~y+1)
)\F(ﬁ + 1)(62 — 61) + (61 — 1)F(ﬂ + v+ 1)

and

(e2—e1)(er —1) #AL(B+y+DI(B+1).

Proof. We use the properties established in Lemma 2.4 to (1.1), so we observe
that

B
D7Vs(t) + As(t) = I*TBF(t) + kg——— + k1,
(t) + As(t) (1) +hopg -
TOHR() - ATTs() — ko g T
t)=1I° — - :
0 TEHy+D T+ D

Taking into account the initial conditions, we can obtain
s(1) = e1s(0),
D7s(1) = eaD75(0),
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D7s(0) + As(0) = 6.

So, we get
ko =I“TPF(1)+0(1 — e2)+A(ea — e1)Y <1a+ﬂ+7F(1)—Aﬁs(1)+F(79+1)
rp+1) +8
- (I*"PF(1)+0(1 — ,
[ (L F o)
ki1=0,
0
ky =T I9TPHYE(1) = As(1) + —
F(B + 1) a+p8 o
NEETEa (I F(1)+6(1 eg)) .
We end the proof of the above lemma. O

In what follows, we apply the theory of fixed point on Banach spaces to
study the problem. So, we shall consider the Banach space

T :={se C(J,R),D’s € C(J,R)}
and
sz = Maz{||slloc , D]l },
where
lloc = sup [s()] , | D’s||os = sup|[D’s(t)].
teJ ted

Then, we consider the operator Z : T'— T,

Zs(t) = [PV FX () =X s(t)— | TP FX(1) + 0(1 — e3) + A(eg — 1)

6 T+
T(7+1) T(B+y+1)

(P r

X T (I"‘*ﬂ*”F;(l)—)\I”s(l) +
B+ 2
+ 0(1—62))> i‘((g :11: i)i_ 1; +9I‘(7t_‘_ 5 +T([0¢+B+7F;(1)—)\I’73(1)
. @M%mn+wrwaw,

+
'v+1) T(B+y+1)
where

FX(t) = mf(t, s(t), D°s(t)) + n(t, s(t), IPs(t)) + r(t, s(t)) + 1(t).
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3. MAIN RESULTS

The following hypotheses are only sufficient and one can replace them with
other conditions like the notions of Caratheodory functions or the measurable
functions, instead of Lipchitz functions. We impose what follows:

(Q1) The functions m and n defined on J x R?, r defined on J x R and [
defined on J are continuous.

(Q2) There exist nonnegative constants 9,1, Im2, ¥n1, In2, such that for any
tedJ,s;,s; €R,

2
‘m(ta 31782) _m(ta81*782*)| S Zﬁmi‘si_si*‘7
i=1

2
219m|81 — Si*|.
=1

IN

In(t, s1,82) —n(t, 517, 52%)|

And for any t € J , 5,5 € R,
h(t,s) — h(t,s)| < R|s—s]|
It is considered that
M = max(Vm1,Im2), N := max(9p1, In2).

Also, we put
o 1 LW g+ 1)
T T(a+B+y+D)  T(y+1)  TB+y+1)
1 * *
X <W+’)\(62—61)’A >+A ,
1 A T 1
. N, T(B+Y

Tlatfiy—0+1) T(-6+1) T(Br7y-—6+1)

where

. | N I3+ 1)
A‘*ﬂ<na+ﬁ+v+n*rw+1f+mﬁ+v+wma+ﬁ+n>

In the following, we prove the existence and uniqueness of solution by ap-
plication of Banach contraction principle. Then, we present an example to
show the applicability of the main result. Also, we investigate the stability of
solutions (the Ulam-Hyers and the generalized Ulam-Hyers stabilities).



1026 I. Jebril, Y. Gouari, M. Rakah and Z. Dahmani

3.1. A unique solution. We prove the following result:

Theorem 3.1. Assume that (Q1) and (Q2) are satisfied. Then, the problem
(1.1) has a unique solution, under the condition that = < X,_n}nm such that

== =1, = d =R4+2M + N 4+ ———.
maz {=1,Z2} and Xmmnr + + +F(p—i—1)

Proof. We proceed to prove that Z is a contraction mapping. For (s, s/) € X2,
we can write

1 LY D8+ 1)
Fla+p+vy+1) T(y+1) T@B+y+1)

1Zs = Z5 oo < X

/
ls = s llr

1 * x
X (W—F |)\(62—€1)|A ) + A

< Xm,n,TEIHS - SIHT'

On the other hand, we have

D°Zs(t) = TP X (1) = A Os(t)— [I®TPF*(1) + 0(1 — e2) 4+ A(ez — 1)

. . 0 rpg+1
% T(I TARYER(1) — Ms(1) + CES F(ﬂ(+7+)1)
L8 + 1)1+ t=°
a4+ px _
X (I F;(1)+6(1 62))) T(B+vy—0+1) I(y—486+1)
and
, 1 Al
D°Zs — D°Zs ||oo < X +
ID°Zs $lloo < dXomanr \ e T3 5 ) T T =0 4 1)

rB+1)
T(B+y—0+1)\T(a+B8+1)

’
X |ls=slr

+ ’)\(62 - 61)‘A*>

—_ ’
< Xm,n,rZQHS - S ||T
Consequently, we observe that

1Zs = Zs'llr < XmmaElls =5 Iz
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3.2. An illustrative example.

Example 3.2. We consider the following problem:

'D%D%D%S(t) + ZD%D%S(LL) = (Me% cos(s(t)) + %D%s(t) + M)
1 62 —2
(50 + 285 37140) (S0 k) i,
s(1) = %3(0)
4
Dis(1) = 2D
| D7 5(0 )+ 25(0)

where we take

5(0),
=3,

m(t, s1,82) = Me% cos(s1) + %82 + cos(g—i—8)’
351 sin(2 + t3) N 3
31 T(31+¢) ' 40
r(ts)262_23+ !

’ 30 15 + 2’
I(t) = In(t? + 1)

n(t751752) = 52,

and
T, =0.1178, Ty = 0.1219,
T =max {Y, T2} = 0.1219.

The conditions of Theorem 3.1 hold. Therefore, our example has a unique
solution on [0, 1].

3.3. Ulam type stabilities.

Definition 3.3. The equation (1.1) has the Ulam Hyers stability if there
exists a real number © > 0 such that for each ( > 0, ¢t € J and for each s € T'
solution of the inequality

|D*DPD7s(t) + AD*DPs(t) — m(t, s(t), D°s(t))
—n(t,s(t), IPs(t)) —r(t,s(t)) — 1(t)] <, (3.1)
there exists s* € T" a solution of (1.1) such that
Is = s*llr < ©¢.

Definition 3.4. The equation (1.1) has the Ulam Hyers stability in the gen-
eralized sense if there exists w € C(RT,RT); w(0) = 0 such that for each
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¢ > 0 and for any s € T solution of (3.1), there exists a solution s* € T of
(1.1) such that
[s = s*[lr < @(Q).

Now, we have:

Theorem 3.5. Further, assume that the conditions of Theorem 3.1 are satis-
fied. Then, the problem (1.1) is Hyers-Ulam stable.

Proof. Let s € T be a solution of (3.1) and let, by Theorem 3.1, s* € T be the
unique solution of (1.1). By integration of (3.1), we obtain

s(t) — IMPHYER(8) + ADs(t) + [IOTPEX(1) + 0(1 — e2) + A(ex — e1)

X T(I“+ﬂ+7F;(1) — \7s(1) + F(vi 5 F(Z(ﬁ;ri)l) (Ia+5F;(1)
L(B+ 1)tPt t ok By o
+9(1—62))> NCETEY _QF(7+1) —T<] TEHYER(1) — AIs(1)
6  I(B+1) - B ¢
A CEyaS vy Ryl G OB ®®H§Ha+6+7+n'
(3.2)
Using (3.1) and (3.2), we get
s = 5"l < ¢ T ! A
*ZTatpfty+1) ™| Ta+f+y+1)  T(r+1)
L'(B+1) 1 B . i
T(B+y+1) (r(a+ﬁ+1) TIMe2 —en)ld ) A
X HS - Sl”oo' (3.3)
So c
s — §*[|oe < TlatB17+1) + XmonrE1lls — 8 |oo-

Therefore, we have

. ¢
§— 85 |oo < — < ( O.
” H F(a+ﬁ+’7+1)(1 *Xm,n,rﬂl) C
On the other hand, we have
1075 = ")l < ¢ - <ceo

a+f+y—0+ 1)(1 - Xm,n,rE2)
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Thus,
Is —s*|lr < C( O+ @*).
Hence, (1.1) has the Ulam—Hyers stability. O

Remark 3.6. In the case @({) = ((©+0O%), we obtain the generalised Ulam-
Hyers stability for (1.1).

4. TIME AND SPACE CONFORMABLE FRACTIONAL KDV BURGER EQUATION
Let us consider the following problem:
T¢u + v(uThu) + nTu + pTPu = 0,
where, TS , T¢ are the conformable fractional derivative with 0 < o, 5 <1 .

It is to note that when @ = = 1, the above conformable problem is
transformed into the classical nonlinear KdV Burger equation:
up + v(uty) + Mgy + Plger = 0. (4.1)
To be able to study the above conformable problem, we need to introduce the
following preliminaries, see [1, 7, 27].

4.1. Conformable fractional derivatives. In this subsection, we recall the
definition of the conformable derivative and its important properties, as es-
tablished by Khalil et al. [18].

Definition 4.1. Let f:(0,00) — R. Then, the conformable fractional deriv-
ative of order « is defined by

(To ) (1) = 2460 _ iy <f<t+t>—f<t>) 450 0<a<l.

ot e—0 €

It is to note that when o = 1, the above formula is reduced to the standard
derivative or order one.

Definition 4.2. The conformable fractional integral of a function f : (0, 00) —
R of order « is defined as

(1°f) (1) = {f (dr, 0<as<l

The following properties are needed.
I9Tf (t) = £ (t) — £ (0)

and
ey _ 4l—adf(t
(T*f) (t) = 1%,
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4.1.1. Tanh method. In this section, we recall the main steps of Tanh method
for the case of Khalil derivatives [8].

Let us consider the general case of the equation:
F (u T, TSu, T2, T¢(TEw), T2 u, ) —0, (4.2)

where T{u is the conformable fractional derivative of u of order a,,0 < a < 1.
Then, we consider

£ =Lt 4 4aP, (4.3)

T a
where k and w are constants. So, (4.2) can be easily converted to the following
nonlinear ODE:

G (vU,u"U",.) =0, (4.4)
We then introduce the variable
¥ = tanh(¢), (4.5)
so, we get
i =29 (1 —¢%) 5+ (1 -9%)" 75,

=2(1—¢?) (302 —1) L —6Y (1-v?)" Ly + (1-y2)° L7 -

&
AN,
W)

Now, we assume that the solution can be expressed in the form

u(z,t) =U&) = F(y) = >y ai’, (4.7)

where m is a positive integer determined by the balancing procedure in the
resulting nonlinear ODE in F'. Thus, we have an algebraic system of equations
from which the constants k,w,a;(i = 0,---,m) are obtained and determine
the function U, hence we get the exact solutions of (3, 2).

4.2. An example. Consider [22, 35]:
Tu + v(uThu) + nT2 u + pTo u = 0. (4.8)
Using (4.3), to change (4.8) into the following nonlinear ODE
kU + vwUU: 4 nw?Uee + pw3Ucce = 0.
Integrating the above equation, we have
kU + %U? 4+ nw?Ue + pw®Uce = 0. (4.9)
Substituting (4.6) and (4.7) into (4.9), we can get
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dF
kF+%F2+nw2 [(1-v?) @} [ 20 (1-97)

aF

0 QdQF}:O'

+(1-97) 2
(4.10)

To determine the parameter m we usually balance ¢4§7€ with F2. This in
turn gives

44 m—2=2m
so that m = 2. This gives the solution in the form

F(y) = ag + a1 + azy)”. (4.11)
Substituting (4.11) into (4.10), we can get

k(ao + a1t + axyp®) + %(ao + a1t + agh?)® + nw? (1 — ¥?) (a1 + 2a29)

+ [ — 29 (1 — ¥2) (a1 + 2a20) + 2az (1 — ¢2)2} —0.
(4.12)
Then, we have the system:

kag + srwad + nw?ar + 2pwa; =0,

—2uw3ay + 2nw?as + vwagar + kay = 0,

kas + vwapas + %Vwa% — nw2a1 — 4uw3a1 — 4uw3a2 =0,
Quw?’al — 217w2a2 + vwaiaz = 0,

svwa3 + 2uwdar + dpwdas = 0.

We solve the algebraic system with the aid of Maple. We obtain traveling
wave solutions of (4.8) as follows:

Case 1:
4n? 8n? n’ 4n? U
an = ——.a1 = ————. a9 = — = ——n = ——
0 490 490 ? 49’ 3432’ 14’
81 8n? 4n? 5
t) = — — h — tanh . 4.13
Case 2:
12 2 2 4 2 4 3
B . R | L I
49y 49y 49y 3432 14p
120 8? dap? >
t) = — tanh(&) — tanh . 4.14
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(@) v=1p=1, (b) v=-2,p=09, (c) v=2,p=—1,
1’}:2,&:%7ﬂ:%. 7]:—12,042%,5:%. 772—3,042%,5:%

Figure 1. Plots of solution (4.13) with 0 <z < 10 and 0 < ¢ < 30.

(@) v=1,pu=1, (b) v=-2,4=09, (c)v=2,p=-1,
77:2,052%,,8:%. n:_12’a:%’ﬂ:%' 772—3,&:%,6:%

Figure 2. Plots of solution (4.14) with 0 <z < 10 and 0 < ¢ < 30.

5. CONCLUSION

We have worked on two different problems. First, we have investigated a
class of fractional differential equations involving Caputo sequential derivatives
with some periodic conditions. The existence and uniqueness result has been
discussed via Banach contraction principle and an illustrative example has
been presented to show the applicability of the hypotheses of Theorem 3.1.

The stability of solutions has also been discussed. The second part we have
investigated involves studying traveling wave solutions for the time and space
conformable fractional KdV Burger equation by applying the Tanh method.
The obtained traveling wave solutions have been expressed in terms of hy-
perbolic tangent functions depending on different parameters. it seems that
the applied method is direct, concise and effective; it can be applied to other
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nonlinear evolution equations with conformable fractional derivatives in time
and space. Graphs of the waves are plotted under some particular values of
the data of the conformable fractional KdV Burger equation.
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